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Oépoata pkpOv Tacev

Hpopinpa 1
O1 Betwcol axépatol p,qg kot 7 €lval TPOTOL Kot EXOLV YIVOUEVO 160 pe n. Av avénoovue
kabévav omd Tovg p, g kot 1, tote T0 ywopevo (p+1)(g+1)r eivon ico pe n+138. Na

TPOGOOPIGETE OLEG TIG OVVATEG TIUEG TOV 71 .

Avon
YOppovo e v vedbeomn, Exovpe:

pqr=n pqr=n pqr=n
= < .
(p+1)(q+1)r=n+138 pqr+(p+q)r+r=n+l38 (p+q+1)r=138
Amd v e&iocwon
(p+q+1)r:138:2-3-23 (1)
Ba Tpocdlopicove TIg SOLVATEG TYWEG TOV p, g, F Kol 6T GLUVEXELN Ao TV e€lcmon
pqr =n0ba Bpolue TIg SUVOTES TIES TOL 7.
Eme1dn o1 Oetikol axépatot p,q,r elvor Tp@TOL, 01 SUVOTES TIES TOVL 7 givar 2 1 3 1} 23, omdTe
£YOVLE TIG TEPUTTAGELC:
e Av r=2, 101t p+q+1=69<= p+qg=68, and v omoie, 0EOL p,gTPAOTOL,
TPOKVLTTOVY TO {EVYN:
(p,q) = (7,61), (p,q) = (61,7), (p,q) = (31,37),(p,q) = (37,31).
Emopévog yia to apykd yivopevo mpokOTTOuV ot TIHEC:
n=7-61-2=854 1N n=31-37-2=229%4.
e Av r=3, 10t1€ mpokOmtel M e&icwon p+qg+1=46<= p+g=45, and v onoio,
a0l p, g TPAOTOL, TPOKLITOVV Ta. CEVLYN:
(p,q) =(2,43), (p,q) =(43,2) Koumn T n=2-43-3=258.
o Avr=23 10t p+qg+l=6p+g=5 <:>(p,q) :(2,3) l (p,q) :(3,2), omote Ha
etvar n=2-3-23=138.
Emopévmg ot duvatéc Tipég tov n o eivon ou 138, 258, 854 1o 2294.

Mpopinpa 2
Ot mpaypatikoi apBuol x, y,z, pe x # z, etvar dStopopetikot amd to 0 Kot 1KavomolovV Tig
1GOTNTEC
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No tpocdiopicete TV TP TG TAPACTUONS:
A:[£+y—j+273j[z+z—z+x—jj(i+g+y7sj.
y x xyNz y yz\x z= zx
Adon
O1 dedopéveg oyécelg yivovrat:
X+ xy=7, 1
V+z2+yz=1, (2)
oo TIG OTOLEC LLE aPaipEST KOTA LEAN TPOKVTTEL:
X' =z +xy—yz=0 @(x—z)(x+z)+y(x—z) =0 <:>(x—z)(x+z+y) =0.
A6 v televtaia 160TNTA, ENEWN elvan amd Ty vdBeon x—z = 0, EmeTon Ot

x+y+z=0. 3)

Oempope TOpa KaBEVAY YoPLoTa TOVG Tapdyovteg TG Tapdotacns A . Eyxovue
2 3 2 3

x y2 2 X+y+zr y 22X X4y 4z
—t ot s Tttt s
y X Xy Xy z Yy yz yz

z X Yy xX+y+z ) ) . _
—+—+-5—=—-"——, ondte N MapdoTacn yivetor:
X z zZ X zZ X

J ) “
(xz)

Ao ™ oxéon(3) AapPdavovpe: z=—x—y, ondte
oy =x 4y (x—y) = 1y —(x+y)
=-3xy(x+y)=-3xy(-z)=3xz Q)
H oyéon (5) mpoxkintel dueca kot omd v tawtoétnto tov Euler.
Enopévog, and t oyéon (4) Aappdvoope
RN S 3 3z )
UG : ) _( )
(xyz) (xyz)

Hpopinpa 3

Ocopodpe tpamélio ABI'A (AA//BIN) pe A=B=90° kot AA<BI. Ovopdalovpe E 7o
ONUELD TOUNG TOV un TopdAAnAov TAcvpdv AB kot I'A, Z 10 cuppeTpikd tov A og Tpog v
evbeio BI' xau M to péoov g EZ. Av diveton 6t 1 evBeia TM etvon kdOetn otnv gubeia
AZ , va omodei&ete 6TL M gubeia ZI eivan kéBetn oty gvbeio EI.

Adon
‘Eoto 6min AZ tépver i ITM,BIT ota K, N avtictoya. Tote oto tpiymvo AAZ, éxovpe 0Tt
B pécov tov AZ kau BN// AA , omote €xovpe 6tt N puécov tov ZA.
Emopévamg oto tpiyovo ZEA 1 MN cuvdéel ta péca 00 TAEVp®V, OmoTE:

MN // EA (1)
Emumdéov oto tpiyovo MI'Z, 1o I'B,ZK eivar Oyn, dpo to onueio N eivor To opBdkevtpo
TOV TPLYDVOV, OTOTE:
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MN L ZI (2).
Amo 116 oxfoeig (1) ko (2) €metan 6Tt ZI' LEL | mov givan o nrovpevo.

Zyfpa 1

Mpopinpa 4.

No vroloyicete To0 TAN00g TV dwtetaypévov eEddwv (o, a,,q;,a,, 0, 0 ) TOL LTOPOVY Vo
dnuovpynBovv, av ot apiuol «a,,a,,a;,a,,0;,0, pnopodyv va mapovv Ti¢ Tnég 0,1 ko 2
Kot to dfpolopa o, +a, +a; + o, + o5 + o, glvon apTiog.

Ado

To (;(lﬂpowp(x o, +a, +a,+a, +as+oag glvon aptiog, av kot povo av 1o mAndog tov 1 sivan
aptio, dSmiadn 0,2, 4,6.

Av dev éyovpe kaborov 1, ot duvatég emhoyég eivonr 2°, agod Yo kabivay amd Tovg a,
&yovpe 600 emhoyég (0 M 2)

Av &ovpe dvo 1, T10TE T BE0M TOVG PTOPOVLE VO TNV EMAEEOVLE pE (2} TPOTOVG KOl GTIC
r 7 7 4 7 /. roor 4 6 r 7
volowneg 4 Béoeig Eyovpe 27 emhoyéc. Anhadn cvvorkd Eyxovpe 27 - 5 duvatég e£adec.

, , . . , . 6)
Av &yovpe téooepa 1, tote T B€0mM TOVG PTOpOVUE Vo TV eMAEEOVLE LE (4) TPOTOLG Ko

6
oTic vmohowmeg 2 Béoelg éxovpe 27 emhoyéc. Anhadn cvvolikd €yovpe 2° (4} duvartég
e€adec. Av &yovpe €€1 1, T0TE glvan pavepd OTL £xovpe Evav TpdToO.

6 6
Emopévac, cuvolkd égovpe: 2° +2° (2] +2° (4} +1=64+16-15+4-15+1=365 e&adec.
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